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Abstract

Cosmic Microwave Background (CMB) radiation is a remnant about 380,000
years after the universe was born and it is described as a 2.73 K black
body radiation. The temperature fluctuation has been precisely observed by
WMAP and Planck satellites, and then cosmological parameters have been
determined accurately. The inflation theory that an exponential expansion
occurred in the early universe has been proposed to solve the horizon problem
and the flatness problem. Since the CMB B-mode polarization is generated
by inflationary gravitational waves, observing the B-mode leads to the veri-
fication of the inflation theory. The B-mode is expected to be noticeable in
large angular scale, so a wide FoV millimeter-wave camera for surveying the
whole sky is required.

In order to remove the foreground radiation, broadband observations in
the 50 - 400 GHz band are also required. A multi-chroic detector which
observes multiple frequency-bands in a pixel is effective in utilizing the limited
focal plane. A broadband sensitivity of an octave or more is required for the
feed of the detector.

Observations of submillimeter galaxies are important to elucidate diver-
sity and evolution of galaxies. It is necessary to observe many submillimeter
galaxies in order to understand the statistical property. A large field survey
in the millimeter and submillimeter wave bands is needed for efficient obser-
vations. Therefore, a wide FoV instrument with a large single dish telescope
is required.

In chapter 3, a cold optics anticipated the wide FoV millimeter and sub-
millimeter wave observations using a large single dish telescope has been
designed and developed. The requirements are 1. availability of a wide FoV
observation with the modular optics, 2. a compact design using high refrac-
tive index and low loss lenses, 3. cooling down a superconducting detector
temperature enough to get a high sensitivity of the detector, 4. reduction of
the optical loading power.

The optics employs two high refractive lenses, high purity alumina (n =
3.1) and silicon (n = 3.4). We have developed for 220 GHz observations. It
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is a compact cold re-imaging optics from a telescope focal plane with F/# =
6 to a detector plane with F/# = 1 at 100 mK. Since aluminum Microwave
Kinetic Inductance Detectors (MKIDs) are installed, it is necessary to reduce
the focal plane temperature below 150 mK. Three kinds of infrared (IR)
blocking filters are used to prevent the incident power of the infrared coming
from outside of a window. To get a high optical coupling efficiency of the
detector, anti-reflection (AR) coating for the IR blocking filters and lenses
is used. Therefore, the total transmittance of the three kinds of IR blocking
filters is 0.78 at the observation frequency, and less than 10−10 above 6 THz.
To reduce the incident stray light into the detector, a cold nested baffle
composed of 4 reflectors with the same spherical shape has been developed.
The stray light power is simulated to be 0.2 µW which corresponds a quarter
of that of a without-baffles case. Thermal flow power into the detector,
including the stray light power, is about 0.7 µW. For a wider FoV observation,
seven optical modules for the Antarctic 10 m terahertz telescope are designed.

In chapter 4, a broadband corrugated feed horn array has been developed.
The geometry of corrugations is a plane structure so that the horn array
can be directly machined from a bulk of aluminum with an end-mill. The
cross-polarization and near side-lobe levels are less than -20 dB and -30 dB,
respectively. The return loss is less than -15 dB in most design frequency
bands, and the beam pattern is symmetric. The beam pattern and the return
loss are measured in the 120 - 170 GHz range at room temperature. They
are in good agreement with the simulation. It is possible to reduce reflection
at the aperture surface and to reduce the weight by carving the unnecessary
part.

A corrugated-horn coupled OMT - MKID camera has been demonstrated.
The beam response of the horn-MKID was measured at 100 mK. Corrugated
horn array modules for a large focal plane camera are designed for CMB
B-mode observations.
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Chapter 1

Introduction

1.1 Cosmic Microwave Background

Cosmic Microwave Background (CMB) radiation, which was discovered by A.
Penzias and R. Wilson in 1964 [2], is a remnant about 380,000 years after the
universe was born. According to the standard cosmology, the universe was
optically thick [3] because dense matter and radiation interacted with each
other at high temperatures in the early universe. The temperature decreased
with the expansion of the universe. When the temperature decreased about
3,000 K or less, the matter became neutral and decoupled with the radiation.
Since then, the universe became optically thin or transparent, CMB is the
oldest light that can be observed at the age of radiation decoupling. The
spectrum of CMB is well described with blackbody radiation of 2.73 K with
a peak at 150 GHz [4]. The temperature fluctuation of CMB observed by

Figure 1.1: All-sky map of the CMB temperature fluctuation [1].
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4 CHAPTER 1. INTRODUCTION

Figure 1.2: Frequency bands of the LiteBIRD satellite[7].

WMAP and PLANCK satellites has been precisely observed (Fig. 1.1), and
then the age and cosmological parameters have been determined with high
accuracy.

The CMB temperature is uniform with an accuracy of 10−5. A fact
that the background radiation coming from the other side of the universe
has the same temperature indicates that the universe is uniform at least on
the horizon scale. However, in the standard cosmology, since the horizon is
smaller in the early universe, there should have been no causal relationship
between distant points on the CMB, which is called as the horizon problem.
In addition, the curvature of the present universe is very small, but to explain
this, the density parameter of the initial universe must be equal to 1 with
flatness of 10−15 (flatness problem). The inflation theory, that an exponential
expansion occurred in the early universe, solves these problems [5, 6].

A clue to detect the cosmological inflation is the CMB polarization ob-
servations [8]. There are two modes of polarization pattern of CMB; one is
E-mode with divergent pattern or parity symmetry and the other is B-mode
with curl component or parity asymmetry [3].

The E-mode generated by Thomson scattering of photons has been de-
tected by DASI [9]. The B-mode is generated by inflational gravity wave
during inflation [10, 11] or by the gravitational lens effect of the E-mode.
Although the lensing B-mode has been observed by SPT-pol [12], the one
derived from the inflation gravity wave has not been detected yet. Observing
the CMB B-mode polarization leads to the verification of the inflation theory,
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and it is possible to understand the early universe before the big bang [13, 8].
The B-mode derived from inflation gravity wave is much weaker signal than
the E-mode and temperature fluctuation, so observation requires more sen-
sitive detectors for polarization and wide field instruments for surveying the
whole sky.

For accurate CMB polarization observations, it is necessary to separate
the foreground radiation (see Fig. 1.2) of synchrotron and dust radiation
from the galactic plane. So broadband observations in the 50 - 300 GHz
band are also required. If one frequency band is assigned to a single pixel,
the limited focal plane is divided by frequency bands to cover the broadband
so the total number of detectors per band is reduced. Therefore, a multi-
chroic pixel that detects multiple bands is important for effectively utilizing
the limited focal plane. A broadband sensitivity of an octave or more is
required for the feeds as well as the detectors.

A necessary time to get a CMB map sensitivity is derived as follows[14],

tobs =
Ω NET2

√
Cnoise

`

, (1.1)

where Ω is a solid angle, NET is a detector noise equivalent temperature, and
Cnoise

` is an angular power spectrum of the CMB. If we observe the all-sky
CMB using a single pixel of the Planck HFI receiver which has the NET of
57.5 (µK s1/2) at 149 GHz [15], 620 years are needed with an assumption;√

Cnoise
` = 5(µK arcmin). However, if we use 620 pixels at the frequency

band, the time is reduced to one year. When we use a large pixel camera for
the observation, the each pixel observes different point. Then, the observa-
tion using the large pixel camera is equivalent to the wide FoV one. Thus
followings are required for CMB B-mode polarization observations.

1. Wide field cryogenic optics for an efficient survey of the whole sky.

2. Broadband feed and detector system

1.2 Submillimeter Galaxy

The shape and mass of galaxies in the neighboring universe vary widely, such
as elliptical, spiral, bar and interacting or merging galaxies. Many mysteries
remain in the diversity and evolution process of such galaxies. There are ob-
servations of distant submillimeter galaxies [16], [19] as a clue to elucidating
the evolution of galaxies. Submillimeter galaxies are distant objects which
are not observed in visible but in millimeter wave / submillimeter waves.
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(a) (b)

Figure 1.3: (a) A comparison of deep optical and submillimeter views of the
sky [16]. The background color map is an optical image of the rich cluster
of galaxies, overlaid with the white contours of a submillimeter-wave image.
(b) The COSMOS 850µm SCUBA-2 map [17].

They were detected by SCUBA on JCMT in 1998 [20]. Fig. 1.3 (a) is images
of a visible and submillimeter wave (white contours) in the same area [16].
The intensity of the submillimeter wave does not correlate with that of the
visible light. To understand their properties of submillimeter galaxies, it is
required to observe many samples statistically, so a large field survey in the
millimeter and submillimeter wave bands is necessary for efficient observa-
tions (see Fig. 1.3 (b) [17]). In recent years such large field surveys have
been done by SPT[17], Herschel[21], and so on. Recent ALMA observations
have captured the detailed structure of strong submillimeter galaxies found
by SPT and have discovered many gravitational lensing objects (Fig. 1.4).

A plan to construct a 10-m terahertz survey telescope on Antarctica has
been proposed by the University of Tsukuba [23]. In the Antarctica 10 m
telescope, a large-scale survey is carried out with a multi-pixel superconduct-
ing camera. As shown in Fig. 1.5, optical depth in summer at the Dome Fuji
of Antarctica is almost the same as that at Atacama plateau in winter[22].
The atmospheric transmittance in the winter season of Dome Fuji is expected
to improve further, so it is an excellent site for submillimeter observations.
The proposed Antarctica 10 m telescope, which is significantly larger than
the Herschel dish size (3.5 m), will be essential to conduct deeper surveys at
terahertz bands with a significantly smaller source confusion limit.
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Figure 1.4: ALMA submillimeter wavelength (red contours) and near-
infrared (grayscale) images of SPT targets[18].

Observing one square degree area using the 10 m telescope with 10,000
pixel detectors of 850 GHz requires 8 hours. It realizes faster mapping speed
than that of SCUBA-2 of 670 GHz[24]. In comparison with 860 GHz band
of Herschel[21], the 10 m telescope is valuable with the lower confusion limit
and a large number of pixels.

1.3 Superconducting detector

1.3.1 TES

Bolometers based on semiconductors have been widely used for direct detec-
tors [25]. The bolometer is a thermometer that converts electromagnetic en-
ergy of incident photons into thermal energy. Transition Edge Sensor (TES)
[26, 27] is a bolometer made of a superconductor. Since the resistance of a
superconductor changes abruptly with temperature near the critical temper-
ature, it measures the energy of incident photons with high sensitivity. The
sensitivity is expressed as the function of temperature; T and resistance; R,
as follows,

α ≡ d ln R

d ln T
(1.2)

and α is about two orders of magnitude larger than that of semiconduc-
tor bolometers. Moreover, by applying electrothermal feedback to TES, it
is possible to maintain operating temperature around the critical temper-
ature. For TES, it is necessary to bias for controlling the temperature of
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Figure 1.5: Optical depth between Dome Fuji and the Atacama ALMA
site[22]. (a) Dome Fuji in summer, (b) Atacama in best summer, and (c)
Atacama in best winter.

each element. The readout signals can be multiplexed with Superconducting
Quantum Interference Devices (SQUID).

1.3.2 MKID

Microwave Kinetic Inductance Detector (MKID) is superconducting resonators
operating at microwave frequencies [28]. Since the superconductor has a
kinematic inductance Lk which varies with the number of Cooper pairs or
quasi-particles, the resonant frequency of a superconductor is expressed as
follows.

f0 ∝ 1√
(Lg + Lk)C

(1.3)

where Lg is the geometrical inductance which does not depend on the number
of Cooper pairs. When photons exceeding the gap energy of the supercon-
ductor are incident, the Cooper pairs of the superconductor film are broken
into quasi-particles and the Lk changes. The incident energy is measured by
the change of the resonance frequency.

We are developing MKIDs as a detector for the large field survey. Details
of MKID are described in the next chapter.

1.4 Feed

Millimeter-wave detectors are generally used in combination with a trans-
ferring system called as“ feed”, from quasi-optical modes to planar modes
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on the detectors. The role of the feed is to collect signals and to define
the beam pattern of the detector. Micro-lenses and corrugated horns are
commonly used as a feed of millimeter-wave astronomical detectors.

1.4.1 Micro-lens

A combination of micro-lens and double slot planar antenna [29] has a ca-
pability of high-density feeds compared with corrugated horn due to high
dielectric constant array of the lens. It means efficient use of the limited fo-
cal plane. In particular, by using a high dielectric such as silicon, the photon
collecting capability increases and then it is possible to achieve high density
integration of detectors [30].

There is a method of arranging hyper-spherical lenses on a substrate by
adhesives [31]. In this case, the alignment of the planar antenna and the
lens differs from element to element. Another method to fabricate micro-
lens array is direct machining [32]. The spacing of the micro-lens array is
determined by the fabrication machine, so the alignment can be made with
higher accuracy, but the array size is limited by the machine workspace.

As the dielectric constant becomes higher, the reflectance on the surface
becomes large, so the anti-reflection coating is crucial. Anti-reflection coating
using epoxy resin has been reported [33, 31]. A broadband feed has been
realized by combining the lenslet and sinuous antenna [34]. Meanwhile, as
the lens becomes smaller, the beam pattern tends to have distortion. It also
requires for preventing stray light to the lens array.

1.4.2 Corrugated horn array

Corrugated horns for millimeter-wave astronomy have been used with band-
widths less than∼40 % [35, 36]. Ring-loaded corrugations have been designed
to extend the bandwidth of a horn [37]. The ring load has a structure that
expands the internal corrugation, which can be achieved with a platelet. A
corrugated horn array with the Si MEMS platelets has been demonstrated
to have an octave bandwidth [38].

Along with broader bandwidth of a corrugated horn, it is necessary to
reduce the higher modes of the circular waveguide. A promising method
of a four-probe orthomode transducer (OMT) with a 180 degree hybrid has
been demonstrated [39]. To use the limited focal plane area efficiently, a
broadband corrugated horn array with the planar OMT has been developed
with incorporating frequency bandpass filters [40].

To cover a larger focal plane area corresponding to a wide field-of-view,
it is desirable to manufacture a corrugated horn array with a reasonable
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cost. Corrugated horns have been primarily manufactured by electroforming
[41, 42]. Since it takes time and cost to fabricate them, it is not suitable for
fabrication of the array. A corrugated horn assembled from split components
directly machined from a bulk of aluminum has been demonstrated [43].
Recently, a corrugated horn (10 - 16 GHz) has been fabricated by using a 3D
printer technology [44]. Because it is made of a plastic, it is not suitable for
use in cryogenic temperature.

An array of feeds is essential to increasing mapping speed of astronomical
observations (eg. [45]). Platelet or stacking of thin sheets with the thickness
of a corrugation is an option to fabricate the array of corrugated horns [46].
A horn array fabricated by the platelet has been demonstrated to have a
comparable performance with one by electroforming [47, 48]. Several groups
have made the corrugated horn array by platelet or staking of the silicon
or aluminum [49, 50, 51]. A smooth-wall horn array has been fabricated
by direct machining (eg. [52]). The fractional bandwidth of this array is
narrower than that of the corrugated horn.

1.5 Instruments for wide FoV observations

As mentioned before, wide field observations are essential for surveying the
large sky for B-mode polarization observations and exploring high-z galaxies.
Table. 1.1, 1.2, 1.3 summarize wide-field millimeter/submillimeter single-dish
telescopes and instruments in the world.

It is indispensable to develop multi-pixel detectors to observe a wide
field of view in millimeter/submillimeter waves. However, as the number of
pixels of the diffraction limited optics increases, it is necessary to enlarge the
available focal plane. In addition, for the high sensitivity of astronomical
instruments, it requires to cool down the superconducting detectors at an
extremely low temperature of ∼0.1 K, so the heat capacity of the focal plane
should be designed to be reasonably low. Therefore, it is important to design
imaging optics with bright F/# feeds at the focal plane. Furthermore, to
sufficiently cool down the detectors, the temperature of the optical system is
gradually lowered. Appropriate low-pass filters are critical for reduction of
infrared radiation to the detectors.

A wide-field optical system incorporating reflective mirrors becomes large
as SCUBA-2 [53] and NIKA2 [54]. For future wider-field optics such as 30
m diameter with 1 degree FoV (eg. [55]), an optics covering the whole FoV
with a modularized optical system is necessary. Since the focal plane of such
a wide FoV telescope becomes larger, it is necessary to increase a vacuum
window diameter of a cryostat. In order for a large vacuum window to
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withstand atmospheric pressure, it is necessary to increase the thickness,
which leads to loss of millimeter-wave signals. It is essential to develop a
scalable and compact optics which is made of refractive optics using high
dielectric constant lenses.

In the wide field optical system, the diameter of the vacuum window or
the aperture becomes larger, so the contribution of incident stray light from
outside the FoV to the detector is concerned. Counter-measures to prevent
this stray light are indispensable for high precision observation.

In this thesis, we develop a wide field optical system to comply the fol-
lowing requirements.

1. Optics design which can be scaled as one module for wider FoV

2. Refractive optical system using high dielectric constant and low loss
tangent material with anti-reflection coating

3. Cryogenics which the detector temperature cools down to 250 mK or
less to operate superconducting detectors with high sensitivity

4. To reduce optical loading of the detectors from optical components and
due to stray light
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1.6 For broadband observations

As described in the previous section, broad bandwidth of the cryogenic opti-
cal system is important for effectively utilizing the limited focal plane. When
a refractive optical system is used for a wide field optical system, millimeter
waves are reflected at the surface due to a change of the refractive index. As
the refractive index becomes higher, the reflection increases, which causes
loss of signals and non-linear standing-wave effects. Anti-reflection coating
on the lens is required to reduce them. Epoxy resins and sub-wavelength
structures have been reported as the anti-reflection coatings [33]. Multi-
layered anti-reflection coatings have been proposed to make them broader
bandwidth [31, 75].

A corrugated horn has excellent properties for polarization measurements
such as a symmetrical beam, low side-lobe, and low cross-polarization. How-
ever, the bandwidth had been limited to 1:1.4 [76]. So broad bandwidth of
corrugated horn is a challenging item. A corrugated horn with a ring-load
structure has been designed to have an octave bandwidth [37]. It has been
manufactured by Si micro-machined platelets [38]. However, the weight of
the platelet corrugated horn is limited by fixture bolts for stacking tightly.
Since many corrugated horn arrays are arranged on the focal plane to cover
a wide FoV, light weight of the horn array is desirable, especially for space
applications. Therefore, in this thesis, we have developed a feed for following
requirements.

1. Broadband corrugated horn array

2. Light weight feeds

3. Easy fabrication of feeds for a number of the horn-array modules





Chapter 2

Microwave Kinetic Inductance
Detector

2.1 Principle of a Microwave Kinetic Induc-

tance Detector

Microwave Kinetic Inductance Detector (MKID) [28] consists of supercon-
ducting resonators with coplanar waveguide (CPW) geometry which are ca-
pacitively coupled to a CPW feed line. A couple of coaxial cables is avail-
able to readout 1000 pixel MKIDs using frequency domain multiplexing [77].
Then, the thermal flow into the detector via the cables becomes less than the
other superconducting detectors such as TES and STJ. It is an advantage of
MKID to realize a large-format pixel camera. In this thesis, MKID is used
as a detector of a camera.

According to the BCS theory [78], there is an indirect attractive inter-
action between two electrons via phonon in a superconductor. The bound
electrons are called a Cooper pair and the mean distance between the elec-
trons is around the Pippard’s coherence length [79].

The binding energy of the Cooper pair is

Egap = 2∆(T ), (2.1)

where ∆(T ) is a gap energy of superconductor and when a temperature is
less than a half of the critical temperature; Tc, the gap energy is written as
follows,

2∆(T ) ≈ 2∆(0) = 3.52kBTc, (2.2)

and when T ∼ Tc, ∆(T ) depends on a temperature as follows and see Fig.2.1,

∆(T ) ' 3.2kBTc

(
1− T

Tc

)1/2

. (2.3)

17
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When a photon having an energy over Egap enters a superconductor, a Cooper
pair is broken and two quasi particles are generated (Fig. 2.2).

MKID is a superconducting resonator operated in microwave range. The
equivalent circuit consists of a parallel resonance circuit with capacitively
coupled to a feed line, as shown in Fig.2.3. The resonant frequency;f0 is

f0 =
1

4l
√

(Lg + Lk)C
. (2.4)

Where, l is a length of resonator and Lg, Lk, and C are geometry inductance,
kinetic inductance, and capacity per unit length, respectively. Lg is defined
by a geometry of MKID and doesn’t depend on an incident photon. Lk

depends on the number of quasi particles. Since incident photons break
Cooper pairs and that leads to a change of the Lk, the resonant frequency is
changed as follow;

f ′0 = f0 + ∆f =
1

4l
√

(Lg + Lk + ∆Lk)C
. (2.5)

Then, the incident photon energy is calculated by the difference of the read-
out signal.

A part which inputs a photon signal to an MKID is necessary since an
MKID responses to all photon whose energy is higher than Egap. Therefore,
according to coupling a designed antenna depending on observation frequency

Figure 2.1: Temperature depen-
dence of a gap energy[79]

Figure 2.2: Generations of quasi
particles.
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Figure 2.3: Equivalent circuit of an MKID

to the short side edge of the MKID, the MKID has a response at the designed
frequency.

2.2 Shorted Quarter-wavelength Resonator

Figure 2.4: Shorted quarter-wavelength resonator

In this section, we expound a resonator consisted with transmittance
line [80] since MKID is a microwave resonator. The input impedance of a
transmission line with the length of l (Fig. 2.4) is
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Zin = Z0 tanh(α + jβ)l

= Z0
tanh(αl) + tanh(jβl)

1 + tanh(αl) tanh(jβl)

= Z0
1− j tanh(αl) cot(βl)

tanh(αl)− j cot(βl)
, (2.6)

where Z0, α, and β are characteristic impedance, attenuation constant, and
phase constant, respectively. The length of the line is l = λ/4 with λ =
2πvp/ω0, (vp : phase velocity). A near frequency of the resonance is ω =
ω0 + ∆ω, and because of the relationship; β = ω/vp,

βl =
(ω0 + ∆ω)l

vp

=
π

2
+

π∆ω

2ω0

, (2.7)

and

cot(βl) ≈ −π∆ω

2ω0

(∆ω ¿ ω0). (2.8)

Here, the transmission line is assumed low loss; (α ¿ 1),

tanh(αl) ≈ αl. (2.9)

According to the equations; eqs.(2.6), (2.8), and (2.9), the characteristic
impedance is written,

Zin = Z0

1 + jαl π∆ω
2ω0

αl + j π∆ω
2ω0

≈ Z0

αl + jπ∆ω/2ω0

. (2.10)

On the other hand, an impedance in a near frequency of the resonance of
an RLC parallel resonator is written using the relationship; ω0 = 1/

√
LC,

Zin =

{
1

R
+ j (ω0 + ∆ω) C +

1

j (ω0 + ∆ω) L

}−1

≈ 1

(1/R) + 2j∆ωC
. (2.11)

Comparison with the input impedance of a quarter-wavelength transmission
line(eq,(2.10)) suggests that the resistance, capacitance, and inductance of
the equivalent RLC circuit of the transmission line are,

R =
Z0

αl
(2.12)

C =
π

4ω0Z0

(2.13)

L =
1

ω2
0C

. (2.14)
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(a) A parallel resonator

(b) Amplitude readout signal of an MKID

Figure 2.5: Spectra of resonators.

A quality factor which shows a sharpness of the resonance is defined as,

Q = ω0
average energy stored

energy loss/second
(2.15)

Then, a Q of a quarter-wavelength resonator is,

Q = ω0RC =
π

4αl
=

β

2α
, (2.16)

where l = π/2β. Using the eq.(2.10), the impedance of a shorted quarter-
wavelength resonator is

Zin =
4Z0Q/π

1 + 2jQ∆ω/ω0

=
4Z0Q/π − 8jZ0Q2

π
∆ω
ω0

1 + 4Q2(∆ω/ω0)2
. (2.17)

A relationship of the Q and FWHM; ∆ω is as follows,

Q =
ω0

∆ω(FWHM)
=

ω0

ω2 − ω1

. (2.18)

Where, ω1 and ω2 are the frequencies whose amplitude becomes half power
of resonance(ω2 > ω1). From eq.(2.18), the Q is derived from the spectrum
of a resonator.
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2.3 Capacitive Coupled Quarter-wavelength

Resonator

A capacitive coupled shorted quarter-wavelength resonator is described in
[81]. This resonator is the same as MKID we used in this thesis.

According to adding the coupler to the quarter-wavelength resonator, the
total quality factor: Ql is redefined,

1

Ql

=
1

Qi

+
1

Qc

. (2.19)

Where Qi and Qc are quality factors of a shorted quarter-wavelength res-
onator and a coupler, respectively. Qc is derived from the definition of quality
factor, eq.(2.15),

Qc =
π

2Z2
0(ω0Cc)2

. (2.20)

The impedance is also redefined, as follows.

Z =
−j

ωCc

+
4Z0Qi/π − 8jZ0Q2

i

π
∆ω
ω1/4

1 + 4Q2
i (∆ω/ω1/4)2

. (2.21)

The resonance frequency of shorted quarter-wavelength resonator is changed
to ω1/4. The resonance occurs at a frequency ω0 < ω1/4, where Im(Z) = 0.
When Im(Z) = 0, the solution of eq.(2.21) has two frequencies. However,
Re(Z) of the higher one which is closer the ω1/4 becomes larger and doesn’t
load the through line. Then, by selecting another frequency as the resonance
one, ω0 is

∆ω = ω0 − ω1/4 ≈ −2Z0Cω0ω1/4

π
≈ −

2Z0Cω2
1/4

π
. (2.22)

Where, the loss in the transmission line is assumed enough low, and ω0 is
close to ω1/4. According to eq.(2.20),(2.21), and (2.22), the impedance close
to ω0 is,

Z =
π

4Z0(ω0Cc)2Qi

(
1 +

2jQi∆ω′

ω0

)

= Z0
Qc

2Qi

(1 + 2jQiδx). (2.23)

Here, δx = ∆ω′/ω0, ∆ω′ = ω − ω0.
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The transmittance value of a scattering matrix, S21 is utilized to measure
the MKID signals. S21 is defined as the voltage ratio of transmitting wave
from input port 1 to output port 2 (see, Fig. 2.3),

S21 =
2Y0

2Y0 + Y
=

2

2 + Z0

Z

, (2.24)

Y = 1/Z is called as admittance. Then, S21 at the resonance frequency
δx = 0 of the capacitive coupled shorted quarter-wavelength resonator is

Smin
21 =

Qc

Qc + Qi

, (2.25)

and close to the resonance frequencyδx ¿ 1 is

S21 =
Smin

21 + 2iQlδx

1 + 2iQlδx
. (2.26)

Where Ql is a total quality factor of the resonator and Ql = QiQc/(Qi +Qc).
S21 signal of a resonator which has Qi = 1 × 106, Qc = 1 × 105, f0 = 6GHz,
is plotted in Fig. 2.6, and it becomes a circle with the center point xc =
(1 + Smin

21 )/2. The amplitude: A and phase: θ of the resonator are defined
using this circle, as follows,

A =
√

(Re|S21| − xc)2 + Im|S21|2. (2.27)

θ = arctan

(
Im|S21|

Re|S21| − xc

)
. (2.28)

They are shown in Fig. 2.7.

2.4 Superconducting Microwave Resonator

In this section, we expound the MKID behavior as a superconductor.
Kamerlingh - Onnes discovered the vanishing of the electrical resistance

of the superconductor below the critical temperature. In 1932, the changing
of the electrical conductivity was confirmed at radio frequency (1 - 10 MHz)
[82], [83]. This is because the conductivity in a superconductor is written as
a complex number,

σ(ω) = σ1(ω)− jσ2(ω), (2.29)

where σ1 and σ2 are described by Mattis - Bardeen [84].

σ1(ω)

σn

=
2

~ω

∫ ∞

∆

dE
E2 + ∆2 + ~ωE√

E2 −∆2
√

(E + ~ω)2 −∆2
[f(E)− f(E + ~ω)](2.30)

σ2(ω)

σn

=
2

~ω

∫ ∆

∆

dE
E2 + ∆2 − ~ωE√

E2 −∆2
√

∆2 − (E − ~ω)2
[1− 2f(E)].(2.31)
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Figure 2.6: S21 signal in the complex plane of a capacitive coupled quarter-
wavelength resonator near the resonance frequency.
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Figure 2.7: The amplitude and phase of a capacitive coupled quarter-
wavelength resonator near the resonance frequency.
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f(E) is the distribution function for unpaired normal electrons or quasipar-
ticles, and in the case of thermal equilibrium is given by the Fermi-Dirac
distribution f(E) = 1/(eE/kBT + 1). The quasiparticle density is given[85],

nqp = 4N0

∫ ∞

∆

dE
E2

√
E2 −∆2

f(E) ' 2N0

√
2πkBT∆(0) exp

(−∆(0)

kBT

)
,

(2.32)
where N0 is the single-spin density of electron states at the Fermi energy.
At low temperature (T ¿ Tc), σ1 and δσ2(ω, T ) = σ2(ω, T ) − σ2(ω, 0) are
proportional to nqp [77], so the variation of the quasiparticle density is re-
garded as that of the complex conductivity. The complex conductivity makes
an effect on a surface inductance, Ls and a quality factor of superconductor
[86],

δLs

Ls

= −β

2

δσ2

σ2

(2.33)

δQ

Q
= −

(
δσ1

σ1

− δσ2

σ2

)
(2.34)

β = 1 +
2d/λ

sinh(2d/λ)
. (2.35)

Where, d is the thickness of the superconductor and λ is the magnetic pen-
etration depth. Using eqs.(2.4) and (2.33), a variation in the kinetic induc-
tance and complex conductivity change the resonant frequency,

δω0

ω0

= −αk

2

δω0

ω0

=
αkβ

4

δσ2

σ2

. (2.36)

Where αk is a kinetic fraction defined as, αk = Lk

Lk+Lg
. When only the complex

conductivity is concerned, the amplitude and phase of MKID become,

A = 1− 2
Ql

Qi

(
δσ1

σ1

− δσ2

σ2

)
(2.37)

θ = −αkβQl
δσ2

σ2

. (2.38)

The amplitude and phase sensitivity to the quasiparticle density of the res-
onator is written [81],

dA

dNqp

= −αkβQ

|σ|V
dσ1

dnqp

(2.39)

dθ

dNqp

= −αkβQ

|σ|V
dσ2

dnqp

. (2.40)

In a low temperature case (T ¿ Tc), |σ| ≈ σ2.
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Figure 2.8: A measurement system of an MKID

2.5 Measurement System

A schematic measurement system of an MKID is shown in Fig. 2.8. The
signal generator provides the microwave signal, which is split into two parts;
one goes to the MKID in a cryostat and the other goes to an IQ mixer as
the LO signal. After transmitting the MKID, the signal is amplified and
goes to the IQ mixer as the RF signal. Then, IQ mixer outputs the real and
imaginary parts of the S21 signal, respectively, which are plotted in a Fig.
2.6 on an IQ plane.

In eq.(2.26), the S21 signal depends on the quality factor, Q. The Qi

dependence of amplitude and phase are shown in Fig. 2.9 when Qc =
1 × 105, f0 = 6 GHz with variations of Qi = 1 × 104, 3 × 104, 1 × 105, 3 ×
105, 1× 106, 3× 106. Qc dependence of amplitude and phase are also shown
in Fig.2.10. When Qi becomes higher and higher, the depth of the amplitude
dip does deeper and the phase also changes drastically around the resonant
frequency. On the other hand, When Qc becomes higher, the phase changes
drastically, but the dip of the amplitude becomes shallow. However, a low
Qc generates the deep amplitude with large FWHM and Ql becomes low.

When incident photons break the Cooper pairs, the S21 signal is changed
as shown in Fig. 2.11. Since the incident photon energy is determined by
the variance of the δA and δθ, the high Q MKID has high sensitivity. The
high Ql resonance with small FWHM is available to multiplex the resonant
frequencies with close interval.

One of the advantages of the MKID is a readout signal multiplexing. A su-
perconducting detector is used at below 1 K, so the number of readout cables,
which transfer the thermal flow between the detector and the room temper-
ature part, is required to be small. The signal multiplexing is a technique
which leads the information of the multi detector signal with one cable. The
technique is necessary to make a large pixel camera. There are three ways
of multiplexing technique, Time Domain Multiplexing (TDM), Frequency
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Figure 2.9: Qi dependence of amplitude and phase.

Domain Multiplexing (FDM) and Code Division Multiplexing (CDM).

MKID utilizes the FDM. The resonant frequency of the MKID is ex-
pressed in eq.(2.4), and the resonant frequency of each pixel is designed with
length of resonator l. MKID array is realized by coupling all resonators to a
feed line and setting the resonant frequencies by changing the l slightly. It
is possible to multiplex 1000 to 10000 resonances with a couple of cables.

2.6 Light Tight Setup

In order to increase the sensitivity of MKID, it is necessary to get large
quality factors. Noise Equivalent Power (NEP) is utilized as a barometer of
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Figure 2.10: Qc dependence of amplitude and phase.

a detector sensitivity. The electrical NEP of an MKID using phase readout
and amplitude readout is described in [81, 87],

NEP 2(ω) = Sx(ω)

(
ητqp

∆

∂x

∂Nqp

)−2

(1 + ω2τ 2
qp)(1 + ω2τ 2

res), (2.41)

where x is θ for phase readout or R for amplitude readout. Here Sθ is the
phase noise in rad2/Hz, SR the amplitude noise in 1/Hz, Nqp the total number
of quasiparticles, ∆ the energy gap of the superconductor, τ the quasiparticle
lifetime, τres the resonator ring time, and η = 0.57 the efficiency of quasi-
particle creation. Since MKID has two kinds of readout data; amplitude
and phase, the two kinds of NEPs derived amplitude and phase are exist;
NEPAmp and NEPpha. NEPpha doesn’t depend on the quality factor and is
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Figure 2.11: The variation of the S21 by the incident photon.

Figure 2.12: Frequency Domain Multiplexing of MKID.
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Figure 2.13: Light tight set up measurement system

decided by an excess noise. However, NEPAmp depends on the Q strongly,
and when an Al-MKID is used, the Q = 4.5× 105 and NEPAmp = 3× 10−18

W/
√

Hz have been reported [87].

The measured quality factor is Ql including the whole resonator parts.
Since Ql has a relation with Qi and Qc via the eq.(2.19), high Qi and Qc

are needed to make the Ql higher. The coupler design defines the Qc value.
High Qi should be get at lower temperature, however, the measured Qi is
saturated at the T ∼ Tc/10. It is because the quasiparticles is generated
by the incident stray light coming from the outside of the detector [88]. To
reduce the stray light, a light tight setup has been designed [88][89].

Since the stray light, which has the energy above the gap one of the su-
perconductor, generates the quasiparticles. In the case of an Al-MKID used
in this thesis, the radiation above 90 GHz becomes the cause of the stray
light. The main generation source of the stray light is the high temperature
radiation shield. To reduce the stray light, the MKID is covered with the
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Figure 2.14: The NEP of an Al-MKID with the light tight set up[90].

double shields whose temperatures are the same as MKID (Fig. 2.13). The
absorber coated inside of the shields absorbs the stray right. We have mea-
sured an Al-MKID NEP of 2×10−18 with this light tight setup (Fig. 2.14)
[90].
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Chapter 5

Summary

A wide field cryogenic re-imaging optics and broadband corrugated horn
array have been developed. Summary of this thesis is in the following lists.

• Wide field compact cold optics

– Scalable optical design, which consists of several optical modules,
is promising for a focal plane array of a large single-dish telescope.
The seven optical modules for the Antarctic 10 m terahertz tele-
scope are designed to cover one-degree FoV focal plane.

– High refractive index and low loss lenses are used for a compact
optics. Silicon and alumina have high refractive index (n = 3.4
and 3.1) in millimeter wave at low temperature and it has advan-
tages in condensation of light. Anti-reflection courting of these
lenses using sub-wavelength structure and mixed epoxy has been
developed.

– To cooling down MKIDs to an appropriate temperature, three
kinds of IR blocking filters are adopted. The IR blocking filters
reduce infrared radiation sufficiently and have ∼78% transmit-
tance from 200 GHz to 250 GHz.

– Reducing stray light is crucial to reduce the noise of MKIDs. A
cold nested baffle has been developed to prevent the stray light
into a focal plane. We simulated using the LightTools software
that the baffle reduces by 74% of incident stray light.

– The loading power of each pixel becomes large because of many
IR blocking filters and the high temperature of the alumina lens.
In the camera module design of the 10 m telescope, the loading
power from the IR blocking filters and lenses has been reduced
and the atmospheric emission becomes dominant.
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• Broadband corrugated horn

– A millimeter corrugated horn array has been developed. The beam
shape is symmetry, the side lobe is less than -20 dB and the cross-
polarization is less than -25 dB. The return loss is less than -15
dB in most design frequency bands.

– Beam patterns of the horns were measured at room temperature
and it is consistent with simulations. They have a few advantages
of cutting of the weight and reduction of the reflection at the flat
surface of the horn aperture plane of an array.

– A corrugated horn coupled OMT-MKID is designed and demon-
strated. In a cryogenic test with cold optics, hot (300 K) / cold
(77 K) responses of MKID were confirmed. The horn-MKID has
good polarization beam response and symmetric beam shape at
150 GHz.

– Large focal plane camera modules using corrugated horn array
have been designed for CMB B-mode polarization measurements.
The modules cover the 55 - 330 GHz frequency range.
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Table 5.1: Compliance matrix of the wide field compact optics and broadband
corrugated horn

Spec. Result

Compact Coupling to telescope focus F#/6 F#/6
Coupling to detector F#/1 F#/1
Focal plane diameter (telescope) 100 mm 100 mm
Focal plane diameter (detector) 18.6 mm 18.6 mm

Efficiency IR filter in-band transmittance > 80% 78%
Loading Loading Power of 1 pixel < 15 pW 50 pW 220 GHz
Cooling IR filter 10 µm transmittance < 10−7 < 10−9 10 µm

100 mK stage < 3 µW 0.7 µW 91 mK
4 K stage < 1 W 529 mW
40 K stage < 30 W 12.1 W

Wide field Field of View 1 deg 1 deg Design
Thermal power into 100 mK stage < 20 µW 2.8 µW Design
Loading Power of 1 pixel < 15 pW 13.6 pW 400 GHz

Corrugated horn Bandwidth > 1:2 1:2.25
Averaged return loss < -15 dB < -15 dB
Side-lobe level < -20 dB < -25 dB
Cross-polarization < -20 dB < -20 dB
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